The purpose of this note is to present an example of a family of "exceptional points" on Brownian paths which cannot be constructed using an entrance law.
Watanabe (1984, 1987) proved that various families of exceptional points on Brownian paths may be constructed using entrance laws. Special cases include excursions of one-dimensional Brownian motion within square root boundaries (see Watanabe (1984) ; the original construction was given by Davis (1983) and Greenwood and Perkins (1983) ) and "cone-points" on the outer boundary of the 2-dimensional Brownian path (Burdzy (1989) Theorem 2.4 (i)). Watanabe Davis and Perkins (1985) ). Our theorem shows that such a general result cannot be proved. ' The reader may consult the books of Blumenthal (1992), Burdzy (1987) and Sharpe (1988) 
otherwise.
It will be convenient to work with the time reversed process, i.e., Y(t) = X(It) -X(I) for t E [0, Ij. The process Y is a Brownian motion. (1) and (2) imply that Y(Tooak/2 for all k. We may express this in terms of X and U as -X (U + ak/4. Now it follows directly from the definition that U is the starting point of an excursion of X within g-boundaries.
We have proved that an excursion within g-boundaries exists with probability greater than 1/2. An easy modification of the argument shows that for each k > 1, , with probability greater than 1/2 there exists an excursion within g-boundaries which has a starting point in (0,1/k~. A standard application of the 0-1 law then shows that an excursion within g-boundaries exists with probability 1. In order to prove that the starting points of excursions within g-boundaries are
exceptional points it will suffice to show that with P°-probability 1, properties. D
